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a b s t r a c t
Provisions in the current steel design standards do not differentiate square and rectangular hollow sections (SHS
and RHS) members cold-formed by different approaches. Research on the effect of post-cold-forming hot-dip galvanizing on residual stress and stub column behaviour is also insufﬁcient. Complementary experimental studies
showed that: (1) the stub column behaviour of a direct-formed SHS/RHS (regular-strength or high-strength) is
superior to its indirect-formed counterpart; (2) the current codiﬁed slenderness limits and the effective width
method tend to misjudge a nonslender direct-formed section as a slender section, resulting in an unnecessary
penalty and member strength underestimation; and (3) post-cold-forming galvanizing can effectively relieve residual stress and improve the stub column behaviour of a direct-formed SHS/RHS. This research presents a ﬁnite
element (FE) study with models developed using previously measured residual stresses, strength properties and
geometric imperfections in direct-formed SHS/RHS. The modelling approach was validated against previous experimental data from 24 stub column tests. The stub column behaviour of direct-formed regular- and highstrength SHS/RHS (untreated and galvanized) was studied via an FE parametric study, including 624 models to
cover a wide range of cross-sectional dimensions and material properties. The relevant provisions in the current
design standards were examined. The experimental and FE data justiﬁes the use of higher design curves for
direct-formed SHS/RHS (untreated and galvanized). Modiﬁcations to the existing design rules for SHS/RHS
stub columns against cross-sectional yielding or local buckling were proposed.
© 2020 Elsevier Ltd. All rights reserved.

1. Introduction
Square and rectangular hollow sections (SHS and RHS) in North
America are manufactured predominantly by two approaches:
(1) Indirect forming (Fig. 1a): cold-forming the coil material into a
circular shape initially, followed by closing the section using electric resistance welding (ERW), and ﬁnally cold-shaping the circular shape into
a square or rectangular shape.
(2) Direct-forming (Fig. 1b): cold-forming the coil material directly
to a square or rectangular shape, and closing the section using ERW.
Recent investigations (e.g. [1–7]) have been conducted on indirectformed SHS/RHS with nominal yield stresses from 460 to 1100 MPa.
Literature reviews in [8,9] pointed out that dedicated research on the
effects of direct forming and the post-production processes (e.g. galvanizing and heat treatment to different degrees) on member behaviour
is still insufﬁcient.
Design rules in the existing steel standards do not differentiate SHS/
RHS members cold-formed by different approaches. Based on a comprehensive experimental research program [8,9] consisting of tensile coupon
⁎ Corresponding author.
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tests, stub column tests, residual stress measurements and geometric imperfection measurements, it was found that direct-formed SHS/RHS (with
nominal yield strengths of 350 MPa and 690 MPa) have superior stub column behaviour than their indirect-formed counterpart, primarily due to
an inherently low level of residual stress.
In practice, by performing a heat treatment to a CSA G40.20/G40.21
Class H ﬁnish [10], or an ASTM A1085 Supplement S1 ﬁnish [11], a higher
column curve in the Canadian steel design standard [12] can be used.
Producers typically specify a 30-min holding time once the furnace temperature is stable at 450 °C or higher [13,14]. Such heat treatment can effectively relieve the residual stress from cold forming and improve the
column behaviour. Since the direct forming approach only cold work
the corners of an SHS/RHS cross-section, it was found by [8,9] that the
stub column behaviour of direct-formed SHS/RHS can sometimes be
comparable to indirect-formed and subsequently heat-treated sections.
For a total of 12 untreated direct-formed RHS stub columns (with nominal yield strengths of 350 MPa and 690 MPa), the experimentally obtained capacities were compared to the nominal cross-sectional
strengths calculated from CSA S16-19 [12], ANSI/AISC 360–10 [15], EN-
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effective width method based on the existing slenderness limits caused
signiﬁcant strength underestimation due to unnecessary penalties on
the effective cross-sectional area. In this research, a parametric study is
performed using FE models that incorporated the measured residual
stresses, strength properties and geometric imperfections from [8,9],
and subsequently validated using the stub column test data in [8]. The
aim is to generate sufﬁcient data for accurate evaluations of the existing
design rules, and if necessary, to propose modiﬁcations to the current design rules for SHS/RHS stub columns against cross-sectional yielding or
local buckling.
In practice, hot-dip galvanizing of hollow section members of commonly speciﬁed sizes in a 450 °C molten zinc bath takes approximately
10 min. Based on a comprehensive comparison on a total of 36 stub columns with different production histories, it was also found in the complementary experimental studies by [8,9] that the effects of galvanizing
and post-cold-forming heat treatment to 450 °C for a 30-min holding
time per [10,11] were comparable. It was speculated that, for hollow
section members of commonly speciﬁed sizes, hot-dip galvanizing
could also effectively relieve residual stress and delay local buckling.
In this research, this speculation is also examined via an FE parametric
study.

Nomenclature
B
b
be
C1
Cф
E
E0.2
Esh
Fm
fu
fy
H
m
Mm
n
Pcrl
PFE
Pm
Pn
Pne
Pnl
Ptest
Pu
Py
t
VF
VM
VP
VQ
α
β
δ
ε0.2
εsh
εu
ɛy
λ
λl
λ
λlim
σ0.05
σb
σin
σm
σout
ϕ

Measured external width of RHS
Flat width of plate element
Effective width of plate element
Material coefﬁcient
Calibration coefﬁcient for reliability analysis
Young's modulus
Tangent modulus of steel material at 0.2% proof stress
Initial slope of strain hardening
Mean value of fabrication factor for reliability analysis
Ultimate stress
Yield stress
Measured external depth of RHS
Second strain hardening exponent
Mean value of material factor for reliability analysis
First strain hardening exponent
Elastic local buckling load in AISI S100-16
Stub column strength from ﬁnite element analysis
Mean value of test/FEA-to-predicted load ratios for reliability analysis
Nominal compressive strength of stub column
Nominal axial strength for overall buckling in AISI S10016
Nominal axial strength for local buckling in AISI S10016
Experimental stub column strength
Stub column strength from test or FE analysis
Cross-section yield load of stub column
Wall thickness of SHS/RHS
Coefﬁcient of variation of the fabrication factor for reliability analysis
Coefﬁcient of variation of material factor for reliability
analysis
Coefﬁcient of variation of test/FE-to-predicted load ratios for reliability analysis
Coefﬁcient of variation of load effect for reliability
analysis
Flat width-to-thickness ratio for the initial geometric
imperfection model
Reliability index
Measured magnitude of initial geometric imperfection
Strain at 0.2% proof stress
Strain at the onset of strain hardening
Strain at ultimate stress
Strain at yield stress
Slenderness factor in modiﬁed direct strength method
Slenderness factor in AISI S100-16
Normalized plate slenderness
Normalized yield slenderness limit
0.05% proof stress of material
Magnitude of longitudinal bending residual stress
Total through-thickness residual stress at the inside surface of SHS/RHS
Longitudinal membrane residual stress
Total through-thickness residual stress at the outside
surface of SHS/RHS
Resistance factor

2. Finite element analysis
2.1. Elements, meshing and boundary conditions
A literature survey was performed on previous FE research on tubular stub columns. The modelling approaches therein were found to be
consistent. Therefore, in this study, the method used by [3] was
followed. The ﬁnite element software package ABAQUS [18] was used
to conduct the numerical simulation. A four-node shell element with reduced integration (S4R) from the ABAQUS element library was used to
model the SHS/RHS stub columns. Based on a mesh sensitivity analysis,
a mesh size of (H + B)/25 mm was selected for the FE analyses, where H
and B are the external depth and the width of the SHS/RHS, respectively.
All nodes at each end of the stub column were tied to a restrained rigid
body reference point. The top end could freely move in the axial direction to allow the application of displacement increments to simulate
the axial compression force.
2.2. Material properties
In this research, the SHS/RHS are given IDs with multiple components to differentiate material type, post-cold-forming process, and
cross-sectional sizes. For the ﬁrst component, D = direct-formed
RHS (nominal yield stress = 350 MPa), and DH = direct-formed
high-strength RHS (nominal yield stress = 690 MPa). For the second
component, U = untreated, and G = galvanized. Where applicable,
the third component gives the nominal width, depth, and thickness
of the cross-section (in mm). Using the experimental data and the
constitutive equations proposed by [19,20], the engineering stressstrain relationships were developed and subsequently converted to
true stress-strain relationships for use in ABAQUS [18] for the parametric study.
As shown in Fig. 1b, cold working is concentrated at the corner regions of an SHS/RHS during direct forming. By testing tensile coupons
machined from the ﬂat faces of the untreated direct-formed SHS/RHS,
clear yield plateaus and large proportional stress-over-yield stress ratios
were observed. Typical ﬂat face stress-strain curves of two untreated
direct-formed RHS are shown in Fig. 2a. As also shown in [8], the proportional stress-over-yield stress ratios in the galvanized sections increased in all cases due to an effective residual stress reduction from
the galvanizing process. Typical engineering stress-strain curves of the
ﬂat face materials of two galvanized direct-formed RHS are shown in
Fig. 2b. In both ﬁgures, the curves are similar to those of hot-rolled
steels. Therefore, for the ﬂat face materials, the quad-linear model

1993-1-1 [16] and the Direct Strength Method (DSM) in AISI S10016 [17]. In all cases, the code predictions were excessively conservative.
In addition, according to a linear regression of the experimental data,
the existing slenderness limits in [12,15,16] were proven to be overly
conservative for high-strength direct-formed SHS/RHS. As a result, the
2
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Fig. 1. Cold-forming approaches.

proposed by Yun and Gardner [19] for hot-rolled steels (reproduced as
Eqs. (1)–(3) herein) was applied to simulate the stress-strain relationship in FE analysis. As shown in Fig. 2, Eqs. (1)–(3) can generate curves
that ﬁt well with the experimental data in all cases. The average values
of the key material characteristics of the ﬂat face tensile coupons from
the untreated and the galvanized SHS/RHS (regular- and highstrength) in [8] were used in Eqs. (1)–(3) to generate the engineering
stress-strain relationship (D-U-Flat, DH-U-Flat, D-G-Flat and DH-GFlat). These values are listed in Table 1.
8
Eε
ε < εy
>
>
>
>
>
>
f
ε
>
y < ε ≤ ε sh
< y
ð1Þ
f ðεÞ ¼ f y þ Esh ðε−εsh Þ
εsh < ε ≤ C 1 εu
>
>
>
>
>
f u −f C 1 εu
>
>
ðε−C 1 εu Þ C 1 εu < ε ≤ εu
: f C 1 εu þ
ε u −C 1 εu

C1 ¼

εsh þ 0:25ðεu −εsh Þ
εu

ð2Þ

Esh ¼

f u− f y
0:4ðεu −εsh Þ

ð3Þ

Different from the ﬂat face materials, rounded tensile stressstrain curves were obtained in [8] for the corners of the untreated
SHS/RHS due to cold working. Typical curves are shown in Fig. 3.
The material model proposed by Gardner and Yun [20] for coldformed steels (reproduced as Eqs. (4)–(7) herein) was applied to
simulate the engineering stress-strain relationship. Fig. 3 shows
that Eqs. (4)–(7) can generate curves that ﬁt well with the experimental data in both cases. The average values of the key material
characteristics of the corner tensile coupons from the untreated
SHS/RHS (regular- and high-strength) in [8] were used in Eqs. (4)–

Fig. 2. Typical engineering stress-strain curves of ﬂat faces of untreated and galvanized RHS.
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Table 1
Parameters for quad-linear stress-strain models.
Material ID

E (MPa)

fy (MPa)

fu (MPa)

ɛu

ɛy

ɛsh

Esh (MPa)

C1

C1ɛu

fC1ɛu (MPa)

D-U-Flat
DH-U-Flat
D-G-Flat
DH-G-Flat
D-G-Corner
DH-G-Corner

202,500
202,000
206,400
204,200
219,400
222,000

383
708
421
732
585
894

475
784
490
792
622
906

0.1621
0.1184
0.1402
0.1036
0.0577
0.0531

0.0019
0.0035
0.0020
0.0036
0.0027
0.0040

0.0258
0.0244
0.0332
0.0304
0.0218
–

1686
2013
1617
2056
2576
–

0.369
0.405
0.428
0.470
0.533
–

0.0599
0.0479
0.0599
0.0487
0.0308
–

444
754
469
767
604
–

seen by comparing Figs. 3 and 4. Therefore, using the average key tensile
coupon test results in Table 1, Eqs. (1)–(3) were applied to generate the
engineering stress-strain relationships for the corner regions of the galvanized RHS (D-G-Corner and DH-G-Corner). For the corner regions of
the galvanized high-strength SHS/RHS (DH-G-Corner in Table 1), the
experimentally obtained stress-strain relationship was nearly bilinear
(see Fig. 4). Such behaviour was modelled by assigning zero values to
the strain hardening parameters in Eqs. (1)–(3).
The engineering stress-strain relationships developed using
Eqs. (1)–(7) were subsequently converted to true stress-strain relationships for use in ABAQUS for the parametric study. Due to severe cold
working, the materials at the corner and the adjacent regions, in general, have larger yield and ultimate stresses than the ﬂat faces
[6,8,9,21]. Similar to the approach used by [6,21], for FE modelling in
this study, the experimentally obtained corner material properties
were assigned to the corner regions and the adjacent regions (Fig. 5).
[6] used an extended width of two times the wall thickness (2 t). [21]
used 1 t, 2 t and 3 t, and found on average a 4% stub column strength difference. In this study, the extended corner regions have a width of 3 t as
the FE results match the experimental results the best in this case,
which will be further discussed in the following sections.

(7) to generate the engineering stress-strain relationships (D-UCorner and DH-U-Corner). These characteristic values are listed in
Table 2. The yield stress (fy ) in Table 2 was determined using the
0.2% proof stress method.
!n
8
>
>
> f þ 0:002 f
f ≤fy
>
<E
fy
!m
ε¼


>
f −f y
f u− f y
f −f y
>
>
>
þ
ε
−ε
−
þ ε0:2
u
:
0:2
E0:2
E0:2
f u− f y
n¼
ln

E0:2 ¼

ln ð4Þ
 .


ð4Þ
fy < f ≤fu

ð5Þ

fy

σ 0:05

E
1 þ 0:002n

m ¼ 1 þ 1:33

fy
fu

E
fy

ð6Þ

ð7Þ

As discussed earlier, previous research [8,9] found that for hollow
section members of commonly speciﬁed sizes, hot-dip galvanizing can
effectively relieve residual stresses. This observation was substantiated
by comparing the corner coupon test results from the untreated and galvanized SHS/RHS specimens. In all cases, the stress-strain curves of the
corner coupons from the galvanized SHS/RHS showed clear yield plateaus. Typical curves are shown in Fig. 4. Noticeable differences can be

2.3. Residual stresses
The inclusion of longitudinal residual stress in FE analysis is critical for simulation of steel members under axial compression [6,22].
In an earlier investigation complementary to this research, Tayyebi
et al. [9] experimentally measured the longitudinal residual stresses
in 26 SHS/RHS specimens with different production histories (indirect-formed, direct-formed, heat-treated, and galvanized) and with
various material properties (nominal yield strengths of 350 and
690 MPa). The procedures suggested by [23–27] were adopted for
the calculation of residual stresses. As shown in Fig. 6, the throughthickness residual stress was resolved into a membrane component
and a bending component.
The average values of the normalized membrane and bending residual stresses in direct-formed SHS/RHS are listed in Table 3, where the
tensile membrane residual stresses are reported as positive values,
and the compressive membrane residual stresses are reported as negative values. The tabulated bending residual stresses are the tensile residual stresses from the external surfaces of the SHS/RHS specimens. It is
evident in Table 3 that the current practice of post-cold-forming hotdip galvanizing can effectively reduce residual stresses. Tayyebi and
Sun [8] showed that post-cold-forming galvanizing can improve the
stub column behaviour of cold-formed hollow sections. This study will
implement the measured residual stresses in an FE parametric study
to quantify such improvement over a wide range of cross-sectional
sizes.
The approach suggested by [6,21] was adopted in this study to incorporate the measured residual stresses in the FE analyses in ABAQUS
[18]. Five integration points were considered through the thickness of
each element to ensure the accurate application of the residual stress
distribution. Subroutine SIGINI was used to apply the stress magnitude
at each integration point.

Fig. 3. Typical engineering stress-strain curves of corner regions of untreated RHS.
4

K. Tayyebi and M. Sun

Journal of Constructional Steel Research 178 (2021) 106499

Table 2
Parameters for stress-strain models for corner regions of untreated RHS.
Material ID

E (MPa)

fy (MPa)

fu (MPa)

σ0.05

ɛu

ɛ0.2

E0.2 (MPa)

n

m

D-U-Corner
DH-U-Corner

211,200
203,400

573
862

621
950

471
700

0.0174
0.0159

0.0047
0.0062

33,994
48,997

7.07
6.68

4.04
3.99

accurately by Eqs. (4)–(7). Following the approach in [3,21], since the
tensile coupons were clamped in the universal testing machine to the
in-situ straight state before testing, the bending residual stresses were
already included in the FE models by incorporating the rounded
stress-strain curves. The membrane residual stresses were manually
added to the FE models using the “initial conditions” function in
ABAQUS.
As discussed in Section 2.2, although residual stresses were measured
at the corner regions of galvanized SHS/RHS and the ﬂat faces of all SHS/
RHS [9], as shown in Figs. 2 and 4, the linear stress-strain relationship described by Eqs. (1)–(3) provided the best ﬁt of the experimentally obtained stress-strain curves. However, the direct incorporation of such a
relationship in FE modelling does not account for the bending residual
stress. Therefore, for the corner regions of galvanized SHS/RHS and the
ﬂat faces of all SHS/RHS, both bending residual stresses and membrane
residual stresses were added manually in the FE models.
Using the approaches in [6,21], as shown in Fig. 5, an extension of the
corner region was considered to account for the cold forming effect. The
measured residual stresses at corners were applied to the corner regions
and the extended ﬂat zones. The measured ﬂat face residual stresses
were added to the remaining areas of the cross-sections.
2.4. Initial geometric imperfections
Only local geometric imperfections are considered herein since this
study is focused on the stub column behaviour. To include the effect of
local geometric imperfections in FE analysis, the lowest eigenmode
shape is typically chosen as the local geometric imperfection proﬁle
[3]. The maximum magnitude over the entire proﬁle can be obtained
from experimental measurements. For this numerical research, the geometric imperfections measured over four representative stub column
specimens in the complementary study by Tayyebi and Sun [8] were
adopted. The average values of the imperfections (δ) for the directformed regular- and high-strength RHS were 0.387 and 0.366 mm, respectively. By correlating the measured values to the SHS/RHS wall
thicknesses (t), these correspond to 0.12 t and 0.08 t for the directformed regular- and high-strength SHS/RHS, respectively. On the
other hand, Ma et al. [6] suggested that for FE analysis, the measured imperfections can be correlated to the width-to-thickness ratio of ﬂat elements α = (B - 4 t) / t, where B is the external width. In this case, the
average values obtained by Tayyebi and Sun [8] correspond to 0.014α
and 0.023α for the direct-formed regular- and high-strength SHS/RHS,
respectively. Since there is no uniﬁed rule for the correlation of initial
imperfections to FE models, the larger value of the two different approaches was attempted in this study (i.e., 0.12 t and 0.023α). The comparison is discussed in Section 2.5.

Fig. 4. Typical engineering stress-strain curves of corner regions of galvanized RHS.

For the corner region of the untreated SHS/RHS, rounded tensile
stress-strain curves shown in Fig. 3 were obtained from tensile coupon
tests (i.e. relatively small proportional limit-over-yield stress ratio due
to the existence of bending residual stress) [3]. As discussed in
Section 2.2, the tensile stress-strain relationship can be modelled

2.5. Veriﬁcation of FE modelling
Results of the numerical models were veriﬁed against the 24 stub
column test results from Tayyebi and Sun [8]. Comparisons of numerical
analyses and experimental tests were made using representative loaddisplacement relationships and failure modes in Figs. 7 and 8. Tables 3
and 4 include the comparisons of ultimate loads from the stub column
tests and FE analyses for the direct-formed regular- and high-strength
SHS/RHS, respectively. In all cases, good agreements were observed.
Therefore, credence was given to the accuracy of the FE modelling. As
shown in Tables 4 and 5, the application of the two geometric

Fig. 5. Extension of corner material properties to adjacent ﬂat faces.
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Fig. 6. Bending and membrane residual stress components.

the hot-ﬁnished SHS from [4,29,31], to study the effects of different production techniques. The comparison was made among sections with
similar nominal yield strengths and cross-sectional dimensions. The effect of hot-dip galvanizing on the stub column behaviour of regular- and
high-strength SHS was also studied.
The experimentally and numerically obtained ultimate loads (Pu)
are normalized to the cross-sectional squash loads (Py) in Figs. 9–12.
The squash loads were calculated using the experimentally measured
yield stress of the ﬂat face material, which is consistent with the approach used in previous research [e.g. 4,6]. This is also consistent with
the rationale for cross-section classiﬁcation in existing design standards
[e.g. 12,15,16], where the strength difference between the ﬂat face and
corner region is not considered.
Since the experimental data for indirect-formed and hot-ﬁnished
SHS from [3,4,29–31] was only available for a certain range of plate slenderness, Figs. 9 and 10 only included the experimental and FE data for
direct-formed SHS within the same range of plate slenderness for direct
comparison. Since different design standards have different formulae
for calculation of slenderness, following the approach adopted by
[4,6], in this study a normalized plate slenderness (λ) was calculated
using Eq. (8). This also standardizes the evaluation of the slenderness
limits in various design speciﬁcations, which will be further discussed
in Section 4.

Table 3
Average values of longitudinal residual stresses from [9].
Specimen ID

D-U
D-G
DH-U
DH-G

Center of ﬂat face

Corner

Membrane

Bending

Membrane

Bending

−0.06fy
−0.07fy
−0.03fy
−0.05fy

0.39fy
0.27fy
0.50fy
0.29fy

0.08fy
0.02fy
0.08fy
0.01fy

0.25fy
0.14fy
0.22fy
0.13fy

imperfection modelling approaches (i.e., 0.12 t and 0.023α) resulted in
negligible differences. For the subsequent parametric study, a maximum local geometric imperfection of 0.12 t was applied.
2.6. Parametric studies
The FE modelling approach veriﬁed in Section 2.5 was subsequently
used to perform a parametric study, including a total of 624 stub column
models (156 untreated SHS, 156 galvanized SHS, 156 untreated RHS, and
156 galvanized RHS). The 624 stub column models included 314 highstrength sections and 310 regular-strength sections. The material and residual stress properties in Sections 2.2 and 2.3 were used in the analyses.
The width (and depth) of the sections ranged from 75 to 310 mm. The
wall thickness varied from 2.5 to 13 mm. The cross-sectional width-todepth ratio of the RHS ranged from 0.5 to 0.75. The selected dimensions
cover the practical ranges of commonly available SHS/RHS products. The
width-to-thickness (and depth-to-thickness) ratio ranged from 7 to 97. A
length of three times the larger external dimension of the cross section
was set as the stub column length, following the recommendations by
the Structural Stability Research Council (SSRC) [28].

λ¼

qﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
b f y =E
t

ð8Þ

where b = internal width of SHS/RHS excluding corner portions, and
E = Young's modulus.
In comparison to the untreated direct-formed SHS data in Fig. 9, the
results of the indirect-formed SHS in Fig. 9 exhibit a relatively larger
scatter. As shown in Fig. 9, the indirect-formed SHS in many cases
have lower Pu/Py -ratios due to the existence of high residual stresses,
which subsequently lead to loss of stiffness and load-carrying capacities.
To differentiate nonslender and slender cross sections, previous studies
[e.g. 4,6] often involve linear regression of the available data. For the

3. Stub column behaviours of SHS with different production
histories
In this section, the experimental and FE data for the direct-formed
SHS are compared to the indirect-formed SHS from [3,4,29,30], and to
6
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Fig. 7. Comparison of load-displacement relationships.

limit suitable for the direct-formed SHS can be larger than that of the
indirect-formed SHS, due to the inherently low level of residual stress
as a result of the direct forming approach. The untreated directformed SHS and the hot-ﬁnished SHS are compared in Fig. 10. It should
be noted that the hot-ﬁnished SHS are typically heated to a normalizing

best ﬁt line, the normalized plate slenderness ratio (λ) corresponding to
a Pu/Py -ratio of one is often considered as the slenderness limit. For the
indirect-formed SHS in Fig. 9, instead of a linear regression of the scatter,
it is logical and conservative to consider the lower bound of the data.
Nevertheless, based on the available data in Fig. 9, the slenderness

Fig. 8. Comparison of failure modes.
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Table 4
Comparison of ultimate loads for direct-formed regular-strength SHS/RHS.
Specimen ID

D-U-76 × 102 × 3.2
D-G-76 × 102 × 3.2
D-U-76 × 102 × 4.8
D-G-76 × 102 × 4.8
D-U-102 × 102 × 3.2
D-G-102 × 102 × 3.2
D-U-102 × 102 × 4.8
D-G-102 × 102 × 4.8
D-U-127 × 127 × 4.8
D-G-127 × 127 × 4.8
Mean
COV

Ptest (kN)

459
507
679
757
478
539
839
913
969
1091

Maximum local geometric
imperfection
0.12 t

0.023α

PFE/Ptest

PFE/Ptest

0.89
0.95
0.99
0.96
0.93
0.97
0.93
0.93
0.89
0.92
0.94
0.033

0.88
0.94
1.01
0.97
0.92
0.96
0.96
0.94
0.91
0.94
0.94
0.035

Table 5
Comparison of ultimate loads for direct-formed high-strength SHS/RHS.
Specimen ID

DH-U-76
DH-G-76
DH-U-76
DH-U-76
DH-G-76
DH-G-76
DH-U-76
DH-G-76
DH-U-76
DH-G-76
DH-U-76
DH-U-76
DH-G-76
DH-G-76
Mean
COV
a

×
×
×
×
×
×
×
×
×
×
×
×
×
×

76 × 4.8
76 × 4.8
102 × 3.2
102 × 3.2a
102 × 3.2
102 × 3.2a
102 × 4.1
102 × 4.1
102 × 4.8
102 × 4.8
152 × 4.1
152 × 4.1a
152 × 4.1
152 × 4.1a

Ptest (kN)

1116
1100
666
678
773
784
1052
1109
1276
1241
1043
1052
1169
1189

Maximum local geometric
imperfection
0.12 t

0.023α

PFE/Ptest

PFE/Ptest

0.96
0.97
0.97
0.95
0.92
0.91
0.96
0.95
0.98
1.02
1.02
1.01
0.99
0.97
0.97
0.033

0.97
0.97
0.91
0.90
0.86
0.85
0.92
0.91
0.98
1.02
0.99
0.98
0.95
0.94
0.94
0.051

Fig. 9. Comparison of direct-formed SHS and indirect-formed SHS from [3,4,29,30].

indicates a repeated test.

temperature of approximately 900 °C for a ﬁne and homogeneous grain
structure. This process improves material toughness and relieves residual stress. However, heat treatment at such temperature removes the
strength enhancement from cold forming. Clear trade-offs between material strength and residual stress have been found in previous research
[8,9] by comparing cold-formed hollow section materials heat-treated
to 595 °C to their untreated counterparts. For a similar reason, the
hot-ﬁnished SHS in many cases have lower Pu/Py -ratios than the untreated direct-formed SHS in Fig. 10. In all, the direct-formed SHS exhibited superior stub column capacities over a wide range of cross-section
slenderness.
Based on the experimental data from a limited number of hollow
section specimens in the complimentary research [8,9], it was concluded that the application of hot-dip galvanizing in many cases increased stub column capacity and delayed local buckling, and in some
cases, converted slender cross sections to nonslender cross sections.
By performing a comprehensive parametric study in this research,
such observation is conﬁrmed by the comparisons in Figs. 11 and 12.
As shown, the application of hot-dip galvanizing increased the Pu/Py
-ratios over a wide range of cross-section slenderness. Also shown in
many cases in the ﬁgures are the conversions from slender to
nonslender behaviour after galvanizing, as galvanizing reduces residual
stress and delay local buckling.

Fig. 10. Comparison of direct-formed SHS and hot-ﬁnished SHS from [4,29,31].

4. Evaluation of effective width method in AISC 360 and CSA S16
For the design of SHS/RHS members under axial compression using
AISC 360-16 [15] and CSA S16-19 [12], cross-section classiﬁcation is a
critical procedure, where the width-to-thickness ratio of each plate element is evaluated against the slenderness limit individually. For SHS/
RHS members with slender elements, AISC 360-16 [15] and CSA S1619 [12] use the effective width method, which calculates the effective
area of each plate element individually. In other words, this approach
does not consider the entire cross-section directly, and the same methodology is applied to SHS and RHS. In this section, all 624 stub column
models (312 SHS and 312 RHS) are used to evaluate the effective
8
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360-16 [15] and AISI S100-16 [17] (based on the effective width
method) are developed based on the elastic critical local buckling stress
of a plate element under compression. A detailed discussion of this topic
can be found in [8]. It should be noted that the existing cross-section
classiﬁcation and column design rules in various steel design standards
do not differentiate SHS/RHS produced by different cold-forming
methods. On the other hand, the experimental and numerical research
evidence in the previous sections showed that: (1) the application of
post-cold-forming hot-dip galvanizing can effectively reduce residual
stress and, in return, improve stub column behaviour; and (2) directformed SHS/RHS in many cases exhibit better stub column behaviours
than their indirect-formed and hot-ﬁnished counterparts. Therefore,
the applicability of the existing cross-section classiﬁcation rules to untreated and galvanized direct-formed SHS/RHS (regular- and highstrengths) needs to be evaluated individually.
To ensure that the comparisons are made based on the same criteria,
the limiting width-to-thickness ratios for SHS/RHS plate elements from
the three design standards are converted to the normalized yield slenderness limits (λlim ) in Table 6, using Eq. (8). A clear disparity among
the selected design standards can be observed, as the λlim -values range
from 1.28 to 1.50. The normalized yield slenderness limits are shown
in Figs. 9–12 and are evaluated against the experimental and numerical
data for direct-formed SHS/RHS from this study. It should be noted that
the yield slenderness limit in EN 1993-1-1 [16] corresponds to a λlim value of 1.405, which is similar to AISC 360-16 [15]. Therefore, EN
1993-1-1 [16] and the other design standards with similar limits are
not included in the comparisons in Table 6 and Figs. 9–12. The slenderness limit from AISI S100-16 [17] (based on the effective width method)
has been proven very conservative for cold-formed SHS/RHS in previous
studies [4,6,8]. Therefore, only the slenderness limits in AISC 360-16 [15]
and CSA S16-19 [12] will be further evaluated in this section.
As discussed earlier, to differentiate non-slender and slender crosssections, previous research [e,g. 4,6,8] often consider the normalized
plate slenderness ratio (λ) corresponding to a Pu/Py -ratio of one as
the slenderness limit (λlim ). Following the same approach, based on
the data in Figs. 11 and 12, the CSA S16-19 slenderness limit (λlim =
1.50) is appropriate for the untreated direct-formed SHS (regular- and
high-strength), while the AISC 360-16 limit (λlim = 1.40) is conservative. On the other hand, slenderness limits of λlim = 1.70 and 1.60
were observed from Figs. 11 and 12 for galvanized regular-strength
SHS and galvanized high-strength SHS, respectively. Therefore, a λlim value of 1.60 can be conservatively assigned to galvanized SHS (regularand high-strength). For a more accurate evaluation of proposed yield
slenderness limits, reliability analyses are performed in Section 5.

Fig. 11. Comparison of untreated and galvanized regular-strength direct-formed SHS.

4.2. Cross-sectional capacity
In AISC 360-16 [15] and CSA S16-19 [12], the squash load is used as
the nominal stub column strength for members without slender plate
elements. For members with slender plate elements, the effective area
is determined by deducting from the gross area, the ineffective area calculated as (b – be)/t, where be is the effective width of the plate element.
The nominal stub column strength, in this case, is the product of the effective area and yield stress.
For all SHS/RHS specimens and FE models, following the design rules
in AISC 360-16 [15] and CSA S16-19 [12], the nominal compressive
strengths (Pn) (i.e., resistance factor = 1.0) are calculated. The nominal
compressive strengths are then normalized by the cross-sectional
squash loads (Py). Using the normalized nominal strengths, the AISC
and CSA design curves for the SHS specimens and FE models are plotted
in Figs. 13 and 14, respectively. The normalized ultimate loads (Pu / Py)
from experimental testing and FE analysis are also shown in Figs. 13 and
14 for comparison. The key statistics are listed in Table 7. The following
observations can be made:

Fig. 12. Comparison of the untreated and galvanized high-strength direct-formed SHS.

width method in AISC 360-16 [15] and CSA S16-19 [12]. However, for
clarity, only the SHS data is used in the ﬁgures in this section for graphical examination of the slenderness limits. This is consistent with the approach adopted by [4,6].

4.1. Cross-section classiﬁcation
For the design of SHS/RHS under axial compression, members can be
classiﬁed as cross sections without slender elements (i.e. nonslender) or
cross sections with slender elements (i.e. slender). Slender sections
under axial compression will experience local buckling before reaching
the squash load. The yield slenderness limits in CSA S16-19 [12], AISC
9
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accurate predictions. On the other hand, this approach is conservative for galvanized direct-formed SHS with intermediate
slenderness since the existing slenderness limit (λlim = 1.40)
is conservative. As a result, the effective width method based
on the existing slenderness limits caused strength underestimation due to unnecessary penalties on the effective crosssectional area.
(3) It should be noted that Fig. 13 shows only the SHS data (i.e. the
plate slenderness is the same for all four sides). For RHS with slender elements, very often the two shorter sides are “nonslender”. In
other words, the two shorter sides usually have Pu/Py > 1.0, while
the squash load is used as the nominal design strength for them.
Also different from SHS, for RHS the shorter sides provide relatively stronger resistance to the longer sides against local buckling. Therefore, comparing to SHS, the AISC 360-16 approach is
more conservative for RHS.

Table 6
Yield slenderness limits for SHS/RHS plate elements in existing standards.
Design standard

Normalized yield slenderness
limit

CSA S16-19 [12]

λlim ¼ 1:50

ANSI/AISC 360-16 [15]

λlim ¼ 1:40

AISI S100-16 [17] based on the effective width
method

λlim ¼ 1:28

(1) As shown in Fig. 13, for SHS without slenderness elements, the
AISC 360-16 approach provides very conservative predictions,
since the strength enhancement due to cold forming is not considered.
(2) 1As shown in Fig. 13, for untreated direct-formed SHS
with slender elements, the AISC 360-16 approach provides

Fig. 13. Comparisons of SHS results with nominal strengths calculated using AISC 360-16 [15].

Fig. 14. Comparisons of SHS results with nominal strengths calculated using CSA S16-19 [12].
10
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c1 = 0.2 and c2 = 1.38 are proposed in AISC 360-16 [15]. As shown in
Table 6, for plate elements in SHS/RHS members under axial compression, a λlim -value of 1.40 is currently used in AISC 360-16 [15].
Based on the evidence in Sections 3 and 4, this research proposes a
modiﬁed effective width method (MEWM) which uses of a λlim -value
of 1.50 for untreated direct-formed SHS/RHS, and a λlim -value of 1.60
for galvanized direct-formed SHS/RHS. To be consistent with the
existing plate element classiﬁcation formula in Table B4.1a of AISC
360-16 [15], the new formulae corresponding to the proposed λlim values are listed in Table 8. The proposed slenderness limits apply to
direct-formed SHS/RHS with nominal yield stresses of 350 and
690 MPa. Using the proposed slenderness limits together with the
existing AISC 360-16 design rules [15], the nominal compressive
strengths (Pn) (i.e. resistance factor = 1.0) are calculated. The nominal
compressive strengths are compared to all SHS/RHS test and FE results.
For untreated direct-formed SHS/RHS, the mean of the Pu / Pn -ratio is
1.05, with a COV of 0.127. For galvanized direct-formed SHS [D-G and
DH-G in Fig. 14(b)], the mean of the Pu / Pn -ratio is 1.05, with a COV
of 0.111.

Table 7
Comparison of SHS/RHS test and FE results with design standard predictions.
Untreated

Galvanized

Design standard

(Pu/Pn)mean

(Pu/Pn)COV

(Pu/Pn)mean

(Pu/Pn)COV

CSA S16-19 [12]
AISC 360-16 [15]

1.10
1.07

0.084
0.107

1.14
1.10

0.054
0.074

(4) For all SHS and RHS, the test and FE results are compared to the
nominal design strengths calculated using the AISC 360-16 approach (calculated using the measured geometric and material
properties). The key statistics are shown in Table 7. As shown, the
AISC 360-16 approach is conservative when considering all SHS
and RHS. However, the statistics do not reﬂect explicitly the different levels of conservativeness over the full range of normalized
plate slenderness, especially for RHS (i.e. the four sides have different plate slenderness-values). Therefore, in Section 5, reliable analysis is performed for nonslender and slender sections individually.
(5) As shown in Table 7, the CSA S16-19 approach is in general more
conservative than the AISC 360-16 approach. As shown in Fig. 14,
the CSA S16-19 approach is more accurate for sections with
intermediate slenderness since it has a higher slenderness limit
(λlim = 1.50). However, this approach becomes inaccurate when
the plate slenderness increases. Again, comparing to SHS, the effective width method in CSA S16-19 becomes even more conservative
for RHS.
(6) Overall, the AISC 360-16 approach in general gives better predictions. Therefore, only the AISC 360-16 approach will be further
studied and modiﬁed in Section 5.

5.2. Reliability analysis of the modiﬁed approach based on AISC 360
To evaluate whether the modiﬁcations proposed in Section 5.1 (to
the existing AISC 360-16 design rules [15]) provide adequate or excessive safety margins over different ranges of plate slenderness, reliability
analyses were conducted considering a target reliability index of 2.6 recommended by AISC 360-16 [15]. The load combination used in the reliability analysis follows [15] (i.e., a load combination of 1.2DL + 1.6LL
and a LL-over-DL-ratio of three, where LL = live load and DL = dead
load). For the design of members under axial compression, AISC 36016 [15] uses a resistance factor (ϕ) of 0.9.
The AISI S100-16 [17] formula (reproduced as Eq. (10) herein) was
used to calculate the reliability index (β). It should be noted that
Eq. (10) is the same as the reliability index formula in Commentary
Chapter B of AISC 360-16 [15]. The later can be derived using the speciﬁed load combination and LL-over-DL ratio. The deﬁnitions of the parameters in Eq. (10) are included in “Nomenclatures.” The parameters
were calculated using the experimental and FE data in this study and
are listed in Table 9.


C :M :F :P
ln ϕ mϕ m m
β ¼ qﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
ð10Þ
V 2M þ V 2F þ V 2P þ V 2Q

5. Design recommendations based on the effective width method
5.1. Modiﬁed approach based on AISC 360
As discussed earlier, comparing to CSA S16-19 [12], the existing formula in AISC 360-16 [15] gives better predictions of the experimental
and FE results over a wide range of normalized plate slenderness. Therefore, the existing design rules in AISC 360-16 [15] are used in this section
to develop the modiﬁed effective width method (MEWM) for the stub
column design of untreated and galvanized direct-formed SHS/RHS.
In AISC 360-16 [15], for the design of SHS/RHS members under compression, the limit states include ﬂexural buckling and local buckling.
For SHS/RHS members without slender element, the nominal compressive strength (Pn) (based on the limit state of ﬂexural buckling) is the
product of the gross cross-sectional area and the critical stress. On the
other hand, for SHS/RHS members with slender elements, the nominal
compressive strength (Pn) (based on the limit state of ﬂexural buckling
and local buckling) is the product of the effective cross-sectional area
and the critical stress. For stub columns (with or without slender element), the critical stress approximately equals the yield stress.
For SHS/RHS members with slender elements, the total effective
cross-sectional area is the sum of corner areas and the effective ﬂat
face areas. The corner areas are calculated, assuming an outer corner radius of two times the wall thickness. The effective ﬂat face areas are calculated by multiplying the wall thickness by the effective plate element
widths (be). The current approach in AISC 360-16 [15] for calculation of
the effective width of plate elements in SHS/RHS stub columns
(i.e., critical stress = yield stress) is reproduced herein as Eq. (9).
8
>
< "1

!#
!
be
¼
c2 λlim
c2 λlim
>
b
:
: 1−c1
λ
λ

Using the parameters listed in Table 9, reliability analyses were performed on the proposed modiﬁed effective width method (MEWM) for
stub column design of untreated direct-formed SHS/RHS (λlim = 1.50)
and galvanized direct-formed SHS/RHS (λlim = 1.60). The calculated
β-values are listed in Table 10. The following observations can be made:
(1) When considering, from the experimental and FE data pool, only
the SHS/RHS with slender elements, for a resistance factor of
0.90, the reliability indices for untreated sections and galvanized
sections are 2.60 and 2.84, respectively. Both reliability indices
are no less than the target value of 2.6 recommended by AISC

Table 8
Proposed yield slenderness limits for direct-formed SHS/RHS plate elements.

λ ≤ λlim
λ > λlim

ð9Þ

qﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
where λ ¼ ðb=t Þ f y =E (i.e. Eq. (8)); c1 and c2 are effective width imperfection adjustment factors. For SHS/RHS members, the values of
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S100-16 [17] is based on the behaviour of the entire cross section,
where inter-element compatibility and equilibrium are considered
[32,33]. For sections with slender elements under compression and ﬂexure, the direct strength method (DSM) in AISI S100-16 [17] does not involve calculation of effective area and effective section modulus.
Therefore, it is particularly efﬁcient for thin-walled cold-formed steel
structural members. The existing DSM formula from AISI S100-16 [17]
for calculation of nominal compressive strength involving local buckling
is reproduced here in as Eq. (11).

Table 9
Parameters for calculation of reliability indices for modiﬁed effective width method
(MEWM).
Untreated

Cϕ
Mm
Fm
Pm
VM
VF
VP
VQ

Galvanized

Nonslender
Sections

Slender
Sections

Nonslender
+ Slender
Sections

Nonslender
Sections

Slender
Sections

Nonslender
+ Slender
Sections

1.49
1.07
1.03
1.18
0.087
0.030
0.077
0.187

1.49
1.07
1.03
0.95
0.087
0.030
0.057
0.187

1.49
1.07
1.03
1.05
0.087
0.030
0.127
0.187

1.49
1.14
1.03
1.16
0.089
0.030
0.054
0.187

1.49
1.14
1.03
0.97
0.089
0.030
0.080
0.187

1.49
1.14
1.03
1.05
0.089
0.030
0.111
0.187

8
>1
pnl < "
 0:8 #  0:8
¼
1
1
> 1−0:15
pne :
:
λl
λl

To consider the cold-forming-induced strength enhancement and
the effect of hot-dip galvanizing, based on nonlinear least squares regressions, Eqs. (12) and (13) are proposed in this study for untreated
and galvanized direct-formed SHS/RHS. The formulae can be used to determine the local-to-global buckling strength ratio (Pnl/Pne).
For untreated direct-formed SHS/RHS with regular- and highstrength:

6.1. Modiﬁed approach based on AISI S100
As discussed in Section 5, for cross sections without slender elements, the effective width method in AISC 360-16 [15] and CSA S1619 [12] use the squash load (Py) as the nominal stub column strength.
Therefore, for cross sections with small slenderness ratios, the nominal
stub column strengths are signiﬁcantly lower than the actual ultimate
loading capacities (Pu from experimental testing and FE analysis),
since the strength enhancement due to cold forming is ignored. This is
consistent with the ﬁndings in [3,6]. In order to fully appreciate the advantage of untreated and galvanized direct-formed RHS (i.e. low overall
level of residual stress and strength enhancement due to cold forming),
a modiﬁed direct strength method (MDSM) based on AISI S100-16 [17]
is proposed in this section, using the experimental and FE results of all
SHS and RHS.
As discussed previously, the effective width method calculates
the member strength based on the evaluation of individual plate elements. On the other hand, the direct strength method (DSM) in AISI

pnl
pne

Material Type

ϕ

β

ϕ

β

ϕ

β

Untreated (D-U + DH-U)
Galvanized (D-G + DH-G)

0.9
0.9

3.48
3.77

0.9
0.9

2.60
2.84

0.9
0.9

2.69
3.02

8 "
 0:9 # 0:9
>
1
1
>
>
> − 1−0:13
þ 2 ðλ ¼ −λl þ 1:66 when λl ≤ 0:83Þ
>
<
λ
λ
#
¼ "
 0:9  0:9
>
>
1
1
>
> 1−0:13
ðλ ¼ λl when λl >0:83Þ
>
:
λ
λ

ð12Þ
For galvanized direct-formed SHS/RHS with regular- and highstrength:

pnl
pne

8 "
 0:5 # 0:5
>
1
1
>
>
> − 1−0:034
þ 2 ðλ ¼ −λl þ 1:86 when λl ≤ 0:93Þ
>
<
λ
λ
#
¼ "
 0:9  0:9
>
>
1
1
>
> 1−0:059
ðλ ¼ λl when λl >0:93Þ
>
:
λ
λ

ð13Þ

Table 10
Reliability indices calculated based on modiﬁed effective width method (MEWM).
Nonslender +
Slender

ð11Þ

(1) Similar to the effective width method, the existing DSM is very
conservative for sections with slenderness factor (λl) below the
threshold (0.776).
(2) Comparing to untreated SHS/RHS, DSM is more conservative for
galvanized SHS/RHS.

6. Design recommendations based on the direct strength method

Slender

λl > 0:776

where Pnl = nominal compressivepﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
strength for local buckling;
Pne = global column strength; λl ¼ P ne =P crl = slenderness factor;
and Pcrl = critical elastic local column buckling load.
For all direct-formed SHS/RHS stub column specimens and FE
models, Pne is determined by multiplying the gross section area by fy.
Following the recommendation in AISI S100-16 [17], Pcrl is obtained by
conducting a ﬁnite strip analysis using the CUFSM software [33]. Following this approach, the DSM design curves are obtained, and are
shown in Fig. 16a and b for untreated and galvanized sections,
respectively.
The experimental and numerical ultimate strengths of the stub columns are normalized by the cross-sectional squash loads (Py). The norpﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ
malized values are plotted against P ne =P crl in Fig. 15 for comparison.
The following observations can be made:

360-16 [15]. Therefore, adequate safety margins are inherent in
the proposed modiﬁed effective width method (MEWM) for sections with slender elements.
(2) When considering only the SHS/RHS without slender elements,
for a resistance factor of 0.90, the reliability indices for untreated
sections and galvanized sections are 3.48 and 3.77, respectively.
The values are much larger than 2.6. This indicates an excessive
safety margins since, as discussed earlier, the effective width
method uses the squash load as the nominal stub column
strength of sections without slender elements (i.e. does not account for the strength enhancement due to cold forming).
(3) Based on the experimental and FE data from all SHS/RHS (i.e. sections with and without slender elements), for a resistance factor
of 0.90, the reliability indices for untreated sections and galvanized sections are 2.69 and 3.02, respectively. Both reliability indices are larger than the target value of 2.6 recommended by
AISC 360-16 [15]. Therefore, the proposed modiﬁed effective
width method (MEWM) is overall reliable.

Nonslender

λl ≤ 0:776

where λ = new slenderness factor based on λl in Eq. (11) from the direct strength method (DSM) in AISI S100-16 [17].
The nominal strength calculated using Eqs. (12) and (13) are compared to the experimental and FE data in Fig. 16a and b for untreated
and galvanized direct-formed SHS/RHS, respectively. As shown, the proposed modiﬁed direct strength method (MDSM) formulae provide
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Fig. 15. Comparisons of SHS/RHS results with nominal strengths calculated using direct strength method in AISI S100-16 [17].

galvanized sections, the values are larger than the target reliability
index of 2.5. Therefore, adequate safety margins are inherent in the
proposed MDSM.

accurate predictions in both cases. To evaluate whether the proposed
modiﬁcations provide adequate or excessive safety margins, a reliability
analysis is performed in Section 6.2.
6.2. Reliability analysis on the modiﬁed approach based on AISI S100

Table 11
Parameters for calculation of reliability indices for modiﬁed direct strength method
(MDSM).

Unlike the effective width method (e.g. Figs. 13 and 14), as shown
in Fig. 16 the proposed MDSM generate a relatively uniform margin
of safety for all SHS/RHS over the entire range of slenderness ratios.
Therefore, in this section the reliability analyses for the untreated
and galvanized SHS/RHS are performed using all experimental and
FE data in each category. For design of members in compression,
AISI S100-16 [17] adopts a resistance factor of 0.85. For reliability
analysis, AISI S100-16 [17] uses a LL/DL-ratio of ﬁve, and a target reliability index of 2.5. Based on the approach discussed in Section 5.2,
using the experimental and FE data, the parameters for use in
Eq. (10) are calculated and listed in Table 11. The calculated reliability indices are listed in Table 12. As shown, for both untreated and

Untreated

Cϕ
Mm
Fm
Pm
VM
VF
VP
VQ

Galvanized

Nonslender + Slender Sections

Nonslender + Slender Sections

1.52
1.07
1.03
1.01
0.087
0.030
0.046
0.21

1.52
1.14
1.03
1.02
0.089
0.030
0.055
0.21

Fig. 16. Comparisons of SHS/RHS results with nominal strengths calculated using modiﬁed direct strength method (MDSM).
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Table 12
Reliability indices calculated based on modiﬁed direct strength method (MDSM).
Nonslender + Slender
Material type

ϕ

β

Untreated (D-U + DH-U)
Galvanized (D-G + DH-G)

0.85
0.85

2.97
3.23

7. Conclusions
This paper presents a comprehensive research on the effects of
direct-forming and post-production hot-dip galvanizing on the stub column behaviour of cold-formed SHS/RHS. A total of 624 FE models were
developed using the previously measured residual stresses, strength
properties and geometric imperfections in direct-formed SHS/RHS. The
FE modelling approach was validated against previous experimental
data from 24 stub column tests. Both the stub column specimens and
FE models cover wide ranges of geometric and material strength properties. By comparing to the stub column test results from previous studies
for indirect-formed and hot-ﬁnished SHS/RHS, it was found that:
(1) direct-formed SHS/RHS have superior stub column behaviour; and
(2) the application of post-production galvanizing can effectively improve the stub column behaviour by relieving the residual stress. Based
on the research evidence, the effective width method in AISC 360-16
[15] and CSA S16-19 [12], and the direct strength method in AISI S10016 [17] were found to be conservative for both untreated and galvanized
direct-formed SHS/RHS. Modiﬁed effective width method (MEWM) and
modiﬁed direct strength method (MDSM) are proposed. The proposed
modiﬁcations were proven accurate based on reliability analyses.
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